Hrop Aumoscku

bpoj na Oeautesu

Cekoe fieTe 3Hae JieKa IeNIeHheTo e ,mpobieMaTHyHa omnepainuja. [la ce Hajue
KOJNHYHUK NPH JIeNIeHe Ha JIBa NPUPOJHE 6poja € oOpaTHa MOCTaNKa Off MocTarnKa-
Ta Ha MHOXeH:e Ha OpOoeBH. A, Jia ce oI HaHa3aJl, CEKaKo € MOTEIKO Off OfIEHETO
HaHarpes (1a # Off TPUAKkETO).

ITpo61eMOoT e yiiTe moroeM Kora Ke BUJIUII IeKa KOJTHYHUKOT BCYHTHOCT MOJKe-
Ou 1 He TocToNn. 3aTOa, 3aHUMaBaKkETO CO MPOGJIEMHUTE Ha JIETHBOCT € IOCTa Be
ceno. Cé 3amouHyBa o pejalyjara ... ie/TuTeN Ha...”.

Heka d u n ce nBa mpou3BoaHu npupofan 6poesu. Ce Benu ieka 6pojoT d e
eauTell Ha O6POjoT n aKo MOCTOM MPUPOAEH OPoj ¢, Taka mTO
n=dq.
O3snaka: d\n
Ce uuitia: BpojoT d e penuten Ha 6pOjOT n, WK yIITe: GPOjOT N € fAenuB co d.

3abenexu ieKa BCYIIHOCT ¢ € KOMUYHUKOT NPH JIeNIeHhe Ha [IEIEHHKOT 1 CO ieli-
TENOT d, OMHOCHO n @ d = q.

Cera, Hexa D, € MHOXECTBOTO O] CUTE JIE/IUTEIN Ha eJIeH 3a/iaJieH PHOJIeH Opoj
n. BpojoT Ha eJIeMEHTH Ha MHOXKECTBOTO D), BCYIIHOCT € OPOjOT HA e/ IHTE/IH HA
NPUPOJAHHOT Gpoj n.

Ha npumep, ako n = 6, Toram D, = {1, 2, 3, 6}. Bpojor 6 uma 4 feaurenu.

Axon =18, Toram D = {1.2,3,6,9, 18}. 3naun, 18 uma 6 geaurenu.

BpojoT 13 e genuB caMo co caMHOT cebe U KaKo U cUTe NPUPOIHE OPOeBH, 1B
e co 1. 3naum D, = {1, 13}, oHocHO 13 nMa TOUHO 08a NeJTUTENH.

TIpupogHIOT 6poj HITO HMa TOYHO JiBa IETUTENH € mpoct 6poj. BpojoT 13 e mpo
6poj. IIpoctu ce u 6poesute 2, 3, 5.7, 11, 17, ...

ITpupoaHuoT 6poj HITO UMa MOBEKE O /IBa ICTUTENH € ¢JI0XKeH 0poj. Bpoes
6 1 18 ce cnoxkeHu OPOEBH.

Bpojor 1 He e Hu POCT HHU cloxXeH 6poj. Toj uMa TouHO efieH emuten —D, = {1}.

Ce mocraByBa MpaliambeTo Kako 0a ce u3bpou — KOJIKY TOYHO JenUTeNd UMa
eJIeH 3ajiajieH NpupofieH 6poj n?
Opn caMaTa fiecpuHUNMja 3a TpocT Gpoj clieyBa:
1° AKo n e mpocT 6poj, Torai 6pojoT Ha IENUTENU Ha n € 2.
Jlaro pasrienaMe cny4ajoT Kora n = 32. AKo 6pojoT 32 ro pasioxXuMe Ha IPOCTH
MHOXWUTEJH, HEro Ke ro 3anmiueMe Kako:

30:=2222.2=2
Bpojor 32 e renuB co 1, co 2 =2, co 4 =22 co 8 = 2% co 16 = 2* u co camuoT cebe,
OTHOCHO c0 32 =2°. BpojoT 32 He e Ie/IuB CO HUTY efieH pyr 6poj, Gujiejku ako e
JIeTUB CO HEKOj Opoj IITO He € off 0O6MuK 2™, Kajfie m € HeKoj ofi 6poesuTe 1. 2. 3. 4_




WM 5, TOTalll IPU Pa3ioXyBamkeTo Ha 6pojoT 32 Ke ce MojaBH yIITe HEKOj MPOCT
6poj, pasnuueH oy 2. Cure ienurenu Ha 6pojoT n = 32 = 2° MoXKe Jla ce IpeTcTaBaT
BO €/IHa HU3a:

11214811632 3Hauu, MHOXECTBOTO JIEJIUTENN Ha 32 e
D, = {1,248, 16, 32}. Bpojor 32 = 2°
_J uMa 6 fenuTenu.

Heka n e crenen Ha HeKoj mpocT 6poj p. Toa 3HauM fieka MOCTOU NPUPOAEH O6poj
k, Taxa mTo :
n=p =p-p-..p
k-namn
Bpojot n e genus co 1, p, p°, ..., p*. MHOXecTBOTO D, = {1, p, p*, ... p* } HMa k + 1
enemeHTH. CnenyBa fiexa:

° AKo n = p*, Xafie p e mpocT 6poj (n e cTemeH Ha HEKO] NpocT 6poj), Torarn
POJOT Ha lenuTenM Hane k + 1.

a ce BpaTUMe cera Ha cliy4ajoT n = 18. Ako 18 ro pasnoxuMe Ha IIPOCTH MHOXKHU-
TeJH, ce foOuBa:
18=2:3-3=2"'.32
Cropen cBojcTBOTO 2°, 6pojoT 2! uma 2 penurenu (1 u 2), a 6pojor 3° uMa 3
penutenu (1, 3 u 9). IIpeTxofHO yTBpAMBME fieka OpOjOT Ha enuTenu Ha 18 e
€/THaKoB Ha 6 = 2-3.

1 3 9 HaBucruHa, ako 3eMeMe efieH TPaBOaroJIHUK
€O JIOJKMHA 3 U IMUPHUHA 2 1 T Mofie/iuMe Ha 6
1(1[3]|9 €IMHIYHYU KBaJIpaTH, BO CEKOj KBaJipaT MOKeMe
2121618 7fia oOpa3yBaMe POM3BOJ| HA €JIeH JIeTUTeN Ha
1 2
2' u efen fenuren Ha 3°. Co Toa ce HCIpIEeHU
wema 2 | CHTe fieuTeNu Ha 18.

Ogaa paBoarojiHa mema Q)yuxuﬂomxpa " 32 MOroJieMu 6pOCBPI, 3a KOH HHaKy

He e 6Galll eJHOCTaBHO fia ce OipeNiu OpojoT Ha fenuTenu. JJa ru HajieMe CHT

Jenutenu Ha 6pojoT n = 1600. Pa3noxyBajKu £o n Ha IPOCTH MHOXKHTEIH Ce!
o6uBa: - - ' 1

n=1600=25-52

pojoT 2° uMma 7 NeNUTeNHu - CHTE 1 2 4 8 16 32 o4
€MeHN CO OCHOBA 2 U eKCITOHEeHTH 0,
1,2,3,4,5 u6, a6pojor 5° uma 3 genu- 11 418|16)32]64
TEJH - CHTE CTENEHU CO OCHOBA 5 U €KC- 5| 5 |10/20) 40| 80 |160!(320
25

noneHTH 0, 1, u 2. HUBHHOT Npou3Box
n=1600=2°-5uma 7-3=21 genurena 25 50 (100|200(400|800 l“ﬂ
¥ THE CHTE Ce MPHUKaXKaHU BO MpPaBoa-

wema 3 |

roJIHaTa IeMa 3.




3° Ako n = p*-¢™, Kajie p U g ce IpocTH GpoeBH, Torail 6pojoT Ha TETUTENH Ha n €
€/IHaKOB Ha MPOU3BOJOT (k + 1)-(m + 1).

Ja ro pasraegame u cay4dajot n = 504 = 23-3%.7'. [Ipu HEroBOTO pa3ioXyBamwe ce
jaByBaaT Tpu npocTH 6poeBn: 2, 3 U 7 KaKO OCHOBA Ha CTENICHHU CO EKCIIOHEHTH 3,
2 u 1 cooneTHO. Criopent cBojcTBOTO 2°, 6pojoT 2° uma 4 penurenu, 6pojor 3*
uMa 3 genureny 1 6pojot 7' uma 2 fenurenu. Kako fa ce KoOMGHHUpaaT e TUTENH-
Te Ha 2°, 3’ u 7' 3a ;la TM MpeGpoOUMe CHTe leTuTeNd Ha 5047

Ila ru pa3riefgaMe NpBo MOXHHUTE KOMOWHHpPama Ha fienuTenuTe Ha 2° i 3%, Cro-
pen cBojcTBOTO 3% 6pojoT 2*3% uMa BKYNHO 4-3 = 12 eIuTeNId KOu MOXe fia
MpUKaXaT BO CIeIHaTa MpaBoaroJiHa Imema ojf 4x3 eUHUIHE KBaJIpaTH

1 2 4 8
KO KBanpa'm're O]l IIeMaTa 4™ Hanrpanmde l 1 2 4 8
0 eIMHUYTHHI KOIIKH, ce Io6HBa [ieMa Bo (hopma 316l12]24
Ha KBajap cocTaBeHa off 4x3x| eIHHUYHHI
KOIKH: 919 |18|36]| 72
1 2 4 8
ViIJ72 /478 | wena4 |

33/6/12/24

%9 /18 /36 /72

Ho, cera ce Bo Wrpa ymre u eJUTENATE HA
6pojoT 7' - 6poesuTe 1 1 7. MHOXKe]jKH 't Gpoe-
wema 5 I BUTE Off IIeMaTa 5 co 6pojoT 7, Ke pobueme
""" yIITE efieH KBajiap off 4x3x1 euHUYHA KOIKHU:

[TocepnuoT KBafgap (o meMa 6) MoxXe fa 7 /14 /28/ 56
ro CTaBMMeE Bp3 MPETXONHUOT (Off IeMa 6) 21 /42 /84
1o mITo Ke JobueMe JIBa KaTa efieH Bp3 IpyT, 63 /126/252/504,

Kou (hopMuUpaaT KBafiap Off 4x3x2 elUHNIHI
Konxku. Ha cekoja kxolka cMe AnpoapysKuie
TOYHO €JIeH IeIUTelN Ha 6pojoT 504 1 co Toa wema 6 |
ce CUpNEHH CUTe HeroBy envrend.  ©

4 7
2 /478 /],

I 70/12704
9 /18,/36/72

3Haun, 6pojoT n = 504 = 23-32.7' ©Ma BKyITHO
4-3-2 = 24 penuTeny.




4" Akon = p'-g"-r', Xafie p, ¢ ¥ r ce npocTH OpoeBH, Toram OPOjOT Ha IeTHTETH Ha
A € e[THAKOB Ha MPOH3BONIOT (k + 1):(m + 1)({ + 1).

‘Osue crojcTBa MOXKe Jia ce 06omuTar. AKO

= L
n=ptpt-opt,

Kafie p,. p, .... p, ¢e NPOCTH GpOeBH, Toralll GPOjOT Ha JEMTeAH Ha OGPOjOT n
H3HecyBa
1D |=(k + 1)k, + 1).(k +1).

L [Tpumep: [la ce ofipefin GPOjOT Ha fleauTenH Ha Gpojot n = 25377411723,
Pewenue: Bpojot Ha leMTenM Ha lafleHHOT 6pOj 1 Ke TO MpecMeTaMe ako I
TOMHOXKHME EKCIIOHEHTHTE Ha CTENICHNTE Ha NETTe NPOCTH GPOSBH KOM Ce jaByBa-
AT NIPH HETOBOTO Pa3IokKyBakbe, IrojleMeHH 3a 1o 1.
Buaum, 6pojoT n MMa 6-8-5:3-4 = 2880).

3apaum 3a camocrojua padora
Onperu ro GpojoT HA fleANTENH Ha GpOjOT n =
19 2. 31 3.49 4. 121 §. 125 6. 625
7. 44 63 9.98 10.100 11968  12. 1000
L2 1*4. i?'sfs 1538271 16.2°541323

‘Mlcnmmm ri cATe JleIMTeH Ha 6pojoT n =

17.17 18.25 19.45 20. 100 21.3872  22.1800

. BpojoT 6 MOXe f1a ce 3amuille KAKO 30HP HA CBOWTE JICTUTEH OMATH O]L

B T0j 6poj (6 = 1 + 2 + 3). BakeuoT Opoj ce BHKa cospuen Opoj. Hajaun

‘Gapem yurre efien cospuien Gpoj!

24. [loxaxu fieka efied NpUpojie Gpoj HMa Hemaper Gpoj Ha JICIHTENR ako 0
MO KO TOj € TIOJTH KBajipaT.




